1. Introduction. Let (X, p) be a metric space, let dim(Z) be the covering dimension of X, and let do(X, p) be the metric dimension of X. Let d2 and d% denote the metric-dependent dimension functions introduced by Nagami and Roberts [7] , and let ¿6 and d^ be the metric-dependent dimension functions introduced by Smith [9] . Characterizations of some of these metric-dependent dimension functions in terms of Lebesgue covers have been given by Egorov [l] , Wilkinson [ll] and Smith [9] . These results are described by the following Soniat [lO] has generalized the dimension functions do, d2 and ds for uniform spaces and obtained Lebesgue-type characterizations for di and do. In this paper we complete the above characterization table for uniform spaces. In §2 we develop Lebesgue cover properties for uniform spaces and characterize d2. In § §3 and 4 we generalize the dimension functions d6 and d^ to uniform spaces and characterize them in terms of Lebesgue covers.
Definition.
Throughout this paper / will denote the set {l, 2, • • • , w+l} and J' = J\J {n+2}, where the integer « will always be understood.
2. Characterization of d2 for uniform spaces. The reader is referred to the papers by Nagami and Roberts [7] , Smith [9] , and Soniat [lO] for the definitions of the dimension functions do, d2, d3, d6 and ¿7 and the generalizations of do, d2, and d3 to uniform spaces. Definition 2.1. Let C and C be subsets of a uniform space (X, 11). We say that C and C are separated provided there exists UEM such that (CXC')C\U = 0. If Q={Ca, C'a:aEA} is a family of pairs (Ca, C'a), then C is called uniformly separated if there exists t/Gll such that (CaXC'a)(~\ U = 0 for all aEA. We now obtain a Lebesque characterization of (X, 11) analogous to has an open refinement 2D** such that ord(2D**) = «-)-l. But 2D* refines 2D since S covers X. Hence 2D** is the desired open cover. (2) \X-C¿ :aEA } is locally finite.
Then there exist closed sets Ba separating Ca and Ca' such that ord{jBa:a£^4} =w.
License or copyright restrictions may apply to redistribution; see https://www.ams.org/journal-terms-of-use Theorem 4.2. Let (X, 11) be a paracompact uniform space. Then d1(X, 11) g« if and only if every locally finite Lebesgue cover of X has a refinement of order Eín + l.
Proof. The proof is essentially the same as proof of [9 
